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Theorem. FEvery irreducible polynomial over a field F of characteristic O is separable.

Proof. Fraleigh’s Theorem 9.4.13 gives that every field of characteristic 0 is perfect, so every finite extension
of a field F' of characteristic 0 is separable. A polynomial is separable over F' if all of its zeros are separable,
and the zero of a polynomial, say «, is separable if F'(«) is a separable extension.

Thus F(«) is separable in any field of characteristic 0, so « is separable, so @’s minimum polynomial, which
is an irreducible polynomial, is separable. O]



